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Hybrid Data-Sharing and Compression Strategy for
Downlink Cloud Radio Access Network

Pratik Patil

Abstract— This paper studies transmission strategies for the
downlink of a cloud radio access network, in which the base
stations are connected to a centralized cloud computing-based
processor with digital fronthaul or backhaul links. We provide a
system-level performance comparison of two fundamentally dif-
ferent strategies, namely, the data-sharing strategy and the com-
pression strategy, which differ in the way the fronthaul/backhaul
is utilized. It is observed that the performance of both strate-
gies depends crucially on the available fronthaul or backhaul
capacity. When the fronthaul/backhaul capacity is low, the data-
sharing strategy performs better, while under moderate-to-high
fronthaul/backhaul capacity, the compression strategy is superior.
Using insights from such a comparison, we propose a novel hybrid
strategy, combining the data-sharing and compression strategies,
which allows for better control over the fronthaul/backhaul
capacity utilization. An optimization framework for the hybrid
strategy is proposed. Numerical evidence demonstrates the per-
formance gain of the hybrid strategy.

Index Terms— Cloud radio access network, cooperative multi-
point (CoMP), network multiple-input multiple-output (MIMO),
fronthaul, backhaul, data-sharing, compression, common public
radio interface (CPRI).

I. INTRODUCTION

HIS paper considers a promising future cellular archi-

tecture, the Cloud Radio Access Network (C-RAN) [3],
in which the base stations (BSs) are connected to central-
ized cloud-computing based servers via high-speed but finite-
capacity digital (wireline or wireless) links. These digital links
are referred to either as backhaul, when they carry digital
data, or as fronthaul, when they carry compressed analog
signals. For convenience, this paper uses the term fronthaul
and backhaul interchangeably. One of the benefits of the
C-RAN architecture is that it provides an ability for flexible
allocation of radio and computing resources across all the BSs
managed by the same central processor and a cost-effective
path for upgrading the existing wireless infrastructure for
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mobile service delivery. But more importantly, it facilitates
coordinated and cooperative signal processing across the mul-
tiple BSs connected to the same central processor.

This paper studies the downlink transmission in a C-RAN
setting. In the downlink C-RAN, the user data originate
from the centralized cloud server and are destined for the
mobile devices distributed throughout a geographical area,
while the BSs act as relays between the user terminals and
the cloud. In this sense, the downlink C-RAN can be modeled
as a broadcast-relay channel. If the backhaul links between
the cloud processor and the BSs have infinite capacities,
the information theoretical capacity analysis for this setting
is straightforward, as the downlink C-RAN becomes a vector
broadcast channel. But in the practical implementation of the
C-RAN architecture, the backhaul links have finite capacities.
In this more realistic case, both the theoretical analysis and the
optimal practical system design become much more difficult.
This paper studies transmission strategies for the downlink
C-RAN with finite backhaul capacities.

There are two fundamentally different transmission strate-
gies for the downlink C-RAN, depending on whether the joint
precoding operation is performed at the central processor or at
the individual BSs. First, this paper asks the question of how
the limited backhaul capacities influence the achievable rates
in each strategy, and compares their system-level performance
under practical network settings. Second, this paper proposes
a novel hybrid transmission scheme, which allows for better
utilization of the finite-capacity backhaul, by combining these
two strategies.

The interference mitigation capability of C-RAN stems from
its ability to jointly encode the user messages across multiple
BSs. One way to enable such joint precoding is to simply share
each user’s messages with multiple BSs over the backhaul
links. This backhaul transmission strategy, called the data-
sharing strategy in this paper, is analogous to the decode-and-
forward relaying strategy. As an alternative strategy, the joint
precoding of user messages can also be performed at the
cloud server rather than at the individual BSs. In fact, one
of the original motivations for C-RAN is to entirely shift the
baseband processing from the BSs to the central processor
making BS units as simple as possible for easy deployments,
maintenance, and upgrades. In this case, the precoded analog
signals are compressed and forwarded to the corresponding
BSs over the finite-capacity fronthaul/backhaul links for direct
transmission by the BS antennas. This approach, called the
compression strategy in this paper, is akin to the compress-
and-forward relaying strategy.
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One of the key questions in the implementation of C-RAN
is whether or not the functionalities of the BSs should be
entirely moved to the central processor, or whether there is
some benefit to having a functional split between the central
processor and the BSs. One of the main contributions of the
paper is to answer this question.

In the data-sharing strategy, the BSs receive clean copies of
the user messages. Thus the precise beamformed signals can
be formed at the BSs. However, carrying raw user data multi-
ple times to multiple BSs across the entire network consumes
large amount of backhaul. Therefore, practical implementation
of data-sharing strategy must involve finite cooperation clus-
ters, where each user selects a subset of cooperating BSs and
only those BSs in its cooperation cluster receive its message.
In the compression strategy, since the beamformed signals
are computed at the central processor, the cooperation cluster
size can, in principle, be large. But, the analog beamformed
signals need to be compressed in order to be transported
to the remote antenna heads under limited fronthaul. The
compression process introduces quantization noises that limit
the system performance. We remark here that the feasibility of
the joint cooperative signal processing also depends crucially
on the availability of the channel state information (CSI)
at the BSs and the central processor. The requirement for
CSI is proportional to the BS cooperation cluster size. The
data-sharing strategy typically has smaller cluster size, so it
typically requires less CSI than the compression strategy.

Individually, both the data-sharing and compression strate-
gies have been studied in the context of C-RAN. However,
a fair system-level comparison between the two strategies
under practical network settings has been a challenging task
due to the numerical difficulty in solving the corresponding
network optimization problems involving user scheduling,
beamforming, power control, along with the optimization of
clusters for the data-sharing strategy and the optimization
of quantization noise levels for the compression strategy.
This paper tackles such a system-level performance evaluation
and tries to find the conditions under which one strategy
outperforms the other.

The paper further demonstrates that in a practical C-RAN
setting with finite backhaul capacity, instead of individual
data-sharing or compression strategies, a hybrid strategy that
combines the two can improve the overall system performance.
We propose an approach where the central processor directly
sends messages for some of the users to the BSs, along with
the compressed version of the precoded signals for the rest of
the users. The intuition behind such an approach is that it is
beneficial, in terms of backhaul capacity utilization, to send
clean messages for strong users while compressing the rest
of the interference canceling signals. To quantify the benefit
of this hybrid strategy, this paper proposes an optimization
methodology to select which users to do direct data-sharing
and which ones to compress.

A. Contributions

The overall contributions of this paper are as follows. First,
the paper provides a system-level performance comparison
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of the data-sharing and compression strategies under finite
backhaul capacity and practical network settings by adopting a
unified network-wide utility maximization framework applica-
ble to both strategies. The unified optimization methodology
is based on an equivalence between the weighted sum rate
maximization problem and the weighted minimization of sum
mean squared error (WMMSE) problem. As compared to most
prior work, we take into account the loss due to practical mod-
ulation schemes in terms of gap to capacity for both strategies,
and introduce a similar notion of gap to rate-distortion limit for
the compression strategy to account for the quantization losses
due to non-ideal quantizers used in practice. A main novelty
of the first part of this paper is a joint optimization of the
beamformers and quantization noise levels for the compression
strategy, based on the equivalence between the weighted sum
rate maximization and the WMMSE problems.

Moreover, this paper proposes a novel hybrid transmis-
sion strategy that combines the data-sharing and compression
strategies that allows for better utilization of the limited
backhaul capacity. An optimization framework to quantify the
performance gains due to the hybrid strategy is developed.
Specifically, we develop a unified optimization framework
that jointly optimizes the network-wide beamformers, user
selection for either data-sharing or compression, and the
quantization noise levels for the compressed signals. This
framework generalizes the frameworks for both the data-
sharing and compression strategies.

B. Related Work

As pointed out earlier, information theoretically, the down-
link of C-RAN is an instance of a broadcast-relay network,
where the BSs can be considered as relays. The capacity
of such network is unknown. A general coding strategy for
the broadcast-relay network is proposed in [4] based on
a combination of Marton coding for the general broadcast
channel [5] and a coding scheme for deterministic linear
relay networks [6]. However, unlike in the uplink of the
C-RAN, which is an instance of a multiple-access-relay chan-
nel, where compress-and-forward strategies such as quantize-
map-forward scheme of [6], or more generally noisy network
coding [7], are known to be approximately optimal (in the
sense of constant gap to the cutset outer bound), there are no
approximation results known on the capacity region for the
downlink C-RAN setup. The main difficulty lies in the need for
careful coordination among the codewords for multiple user
messages at the central processor. In the uplink, there is no
such need as the central processor decodes all the compressed
signals and the original user messages jointly. In the downlink,
the central processor can induce coordination among different
codewords and the relays potentially need to decode carefully
chosen parts of the messages. Recently a new coding scheme
that combines Marton coding for single-hop broadcast chan-
nels and partial decode-forward for relay channels, called dis-
tributed decode-forward (DDF), is proposed for broadcasting
multiple messages over a general relay network in [8] that can
achieve the capacity of arbitrary broadcast relay networks to
within constant gap that only depends on the number of nodes
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in the system. In the context of C-RAN, the recent work [9]
shows that under certain conditions the DDF strategy applied
to C-RAN is equivalent to a generalized compression strategy
that can achieve the capacity of downlink C-RAN to within
a constant gap that only depends on the number of users and
BSs. However, these results are information theoretic in nature,
and a practical implementation of the generalized compression
strategy is yet to be realized.

If the backhaul capacity is infinite, downlink C-RAN with
a Gaussian channel model reduces to the well-known vector
Gaussian broadcast channel, for which dirty paper coding
(DPC) achieves the capacity region. For the finite backhaul
capacity, however, DPC and other linear precoding schemes
cannot be applied directly. In [10], inner bounds for the down-
link transmission schemes with different levels of BS cooper-
ation (infinite, limited or no BS cooperation) are studied. The
effect of imperfect CSI at the BSs and users is also taken into
account.

For compression based strategies, a compressed version of
DPC (named CDPC) is introduced in [11]. Different transmis-
sion strategies that require varying degrees of codebook infor-
mation (the encoding function information needed to employ
DPC) at the BSs are investigated for a simple Wyner type
model. CDPC is a scheme in which the BSs are oblivious of
any codebook information, and the central processor performs
joint DPC, then independently compresses the codeword for
each BS, and sends the quantized codeword to the correspond-
ing BS. If some degree of codebook information is available at
the BSs, then data-sharing becomes possible. The conclusion
of [11] is that oblivious BSs are sufficient in the regime
of sufficiently large backhaul capacity for the Wyner model.
To further optimize the compression strategy, [12] proposed
a multivariate compression scheme across the signals of all
the BSs, instead of independent compression for each BS,
to better control the effect of resulting total quantization noises
at the users by correlating the quantization noises for signals
of different BSs. An iterative algorithm achieving a stationary
point for the problem of maximizing sum rate with respect
to the precoding matrix and the quantization noise covariance
matrix is proposed. Our work differs from [12] in that [12]
optimizes the covariance matrices of transmit beamformers
along with the quantization noise covariance matrix using a
rank approximation method. In our optimization framework
for the compression strategy, we make a novel use of the equiv-
alence between the weighted sum rate maximization and the
WMMSE problem, which does not require any approximation.

For data-sharing based strategies, various ways to selec-
tively share the user messages have been investigated in
the literature [13]-[17]. Information theoretic results for the
downlink network multiple-input multiple-output (MIMO)
model using the data-sharing strategy have been reported in
[11], [18], and [19], but most of the theoretical works are
limited to certain simplified models. A modified linear Wyner
cellular model is studied in [11], and a two-BS, two-user setup
is studied in [18]. Our optimization framework for the data-
sharing strategy is based on previous work on sparse beam-
forming in [20], but extending the algorithm in [20] to account
for the gap to capacity factor. Differing from [15]-[17], this
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paper takes a network utility maximization approach in order
to provide a realistic and unified comparison to the data-
sharing strategy in terms of the cumulative distribution of user
rates that accounts for fairness.

We mention here that the performance comparison con-
ducted in this paper is closely related to the work of [21],
where a sum-rate evaluation has been carried out both under
perfect and stochastic CSI. The results of this paper go one
step further in examining the cumulative distribution of user
rates. Further, we utilize a WMMSE approach, instead of
the stochastic successive upper bound minimization method
of [21], but our findings are largely consistent with that of [21].

It is worth pointing out that a third transmission strategy,
based on the compute-and-forward (CoF) strategy for relay
networks [22], is proposed in [23] and named as reverse
compute-and-forward (RCoF). The roles of BSs and users
are reversed in RCoF compared to CoF. Since users do not
cooperate, an appropriate invertible precoding is performed to
the messages to be sent by the BSs at the central processor
such that the effect of linear combination can be undone
at the user terminal and each user obtains just its desired
message in the end. But, as with CoF, the performance of
RCoF is quite sensitive to the channel coefficients due to
the non-integer penalty, since the channel coefficients are not
exactly matched to the computed integer linear combination.
The main challenge with the lattice-coding based strategies is
that the underlying optimization problems often involve integer
matrices, which are difficult to optimize in practical networks.

C. Organization

The rest of the paper is organized as follows. Section II
describes the C-RAN system model under consideration. Sec-
tions III and IV formulate the network-wide optimization for
the data-sharing and compression strategies. The optimization
frameworks for the two strategies are provided in separate
sections, then the numerical system-level performance com-
parison between the two is made in Section V. Section VI
proposes the hybrid strategy that combines the data-sharing
and compression strategies. We provide a unifying optimiza-
tion framework for the hybrid strategy that generalizes the
data-sharing and compression strategies. Joint optimization
of network-wide beamformers, user selection for data-sharing
component, and quantization noise optimization for the com-
pressed signal is performed. We then provide system-level
numerical evaluation of the hybrid strategy in Section VII to
quantify its performance gains over the individual data-sharing
and compression strategies. Finally, Section VIII concludes the

paper.

D. Notation

The notations used in this paper are as follows. Plain
lower or upper case letters are used to denote scalars, e.g.,
w, C. Bold face lower letters are used to denote vectors,
e.g., w. Bold face upper letters are used to denote matrices,
e.g., H. An n-dimensional identity matrix is denoted by either
I,,«» or I when the dimension is clear from the context. For
a complex scalar, Re{-} denotes its real part and | - | denotes
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its magnitude. For a vector, (-)7 denotes its transpose, || - ||,
denotes its £, norm. For a matrix, (-)_1 denotes its inverse,
() denotes its conjugate transpose (or just conjugate in case
of a scalar). For a random variable, E ] denotes its expected
value. Calligraphy letters are used to denote sets, e.g., L.
Letters C and R are used to denote the set of real and complex
numbers, respectively.

II. SYSTEM MODEL

Consider the downlink of a C-RAN comprising of L BSs
equipped with M antennas serving K users equipped with
N antennas. All the BSs are connected to a central processor
with capacity-limited backhaul links or fronthaul links. The
capacity of the backhaul link connecting BS [ to the central
processor is denoted by Cj, | € £L = {1,...,L}. We transmit
a single independent data stream from the central processor
to each user. The user k’s information signal is denoted by
sg, k€ K = {1,...,K}, and it is assumed to be chosen
independently from a complex Gaussian distribution with zero-
mean and unit variance. We assume that the central processor
has access to the data and perfect CSI for all the users in the
network. The complex signal transmitted by antenna m at BS [
is denoted by 2]", me M ={1,..., M}, | € £. We assume
a per-antenna transmit power constraint with maximum power
budget denoted by P, i.e.,

Ellz]")*] < P, le L, me M. (1)

A flat-fading channel model is assumed. Let x; € CM*! =
[z},...,2"]T denote the vector signal transmitted by BS I
and x € CIM>1 = [xT .. xT]T denote the aggregate signal
from all the BSs. The received signal at user k, y, € CNV*1,

is
yi = Hpx + zyg, 2)

where H, € CN*IM = [Hy,,...,Hp ] is the channel
to user k from all the BSs, H;; € CN*M is the channel
response from the M transmit antennas of BS [ to the N
receive antennas of user k, and zj is the additive complex
Gaussian noise with zero-mean and variance o2 on all of its
diagonals.

III. DATA-SHARING STRATEGY

In the data-sharing strategy, as shown in Fig. 1, a cluster
of BSs locally form beamformers to cooperatively serve each
user. The data for that user is replicated at all participating
BSs in the cluster via the backhaul links. A crucial decision
is to select an appropriate cluster of BSs for each user for
interference mitigation, while being constrained under the
limited backhaul capacity.

A. Optimization Framework

Let wy, € CM*1 = [wllk, e w%]T be the beamforming
vector from BS [ to user k with w;} denoting the beamforming
coefficient from the mth antenna of BS [ to user k, and
wy € CEMX1 — [w{k, ceey ng]T be the aggregate network-

wide beamformer to user k from all the BSs. If user k& is not
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Central Processor
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e DS 3
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+wa 282 + W2 353

Fig. 1. The data-sharing strategy for the downlink C-RAN.

cooperatively served by BS [, then w;; = 0. This can be
equivalently represented by: |wlk|\§ = 0, if BS [ does not
serve user k. The beamformed signal x to be transmitted by
all the BSs can be written as

K
X = Zwksk. (3)
k=1

At user k, the signal-to-interference-plus-noise ratio (SINR) is

-1

SINR, =w/ HI Zkajij-{HkH—f—oQI
i#k

Hywy. (4)

The information theoretical achievable rate for user k is
related to SINR as Rj = log(l + SINRy). However, this
rate expression assumes Gaussian signaling, while in practice
Quadrature Amplitude Modulation (QAM) constellations are
typically used for the Gaussian channel in the moderate and
high SINR regime. To achieve a given data rate at a certain
probability of error, we need an SINR higher than what is sug-
gested above. This extra amount of power is usually captured
by a so-called SNR gap, denoted here by I',,. Its value is
approximately independent of the size of the constellation for
square QAM, and can be easily computed as a function of the
target probability of error [24]. For example, at P, = 1076,
uncoded QAM has I',,, = 9 dB. The use of error correcting
codes can lower the value of I'),,. Now with the SNR gap
taking into account, we can rewrite the achievable rate for
user k as

5)

SINR
Ry = log (1 + k >
m

The optimization problem of finding the optimal set of BS
clusters and beamformers for the data-sharing scheme can now
be formulated as a weighted sum rate maximization problem
under per-antenna power constraints and per-BS backhaul
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constraints as follows:
K

maximize E o Ry
ik 3

(6a)
K
subject to Z |wlr7”k,}2 <P" lel, meM (6b)
k=1
K
Y1 {||wl,k|\§} Re<Cy, leLl, (60)
k=1
where ay, denotes the priority weight associated with user &
at the current user scheduling time slot which can be updated
according to proportional fairness criterion, for example. The
indicator function 1 q ||w; ||§} in the constraint (6¢) denotes
whether BS [ participates in beamforming to user k, and
if so, the user rate Rj is included in the backhaul con-
straint Cj. The constraint (6b) accounts for the per-antenna
power constraint at antenna m of BS [. The beamforming
coefficients are computed at the central processor, and are
assumed to be transmitted to the BSs without any error.
We neglect the backhaul consumption for transmitting the
beamforming coefficients, because the beamformers need to
be transmitted only once during each user scheduling time
slot; comparing with the backhaul needed to send the data,
it is a very small fraction. The above formulation considers
joint design of BS clustering, beamforming, and power control.
Note that it also implicitly does joint user scheduling, which
can be seen from the fact that a user k is scheduled, i.e., Ry
is non-zero, if and only if its beamformer vector wy is
non-zero. Thus the user scheduling is implicitly jointly done
along with BS clustering and beamforming optimization to
satisfy the per-antenna and per-BS backhaul constraints. The
optimization problem is solved repeatedly and the BS clusters
are dynamically optimized in each time slot as the priority
weights are updated.

B. Optimization Methodology

The presence of the backhaul constraint (6¢) makes the
optimization problem challenging. In this paper, we follow the
approximation suggested in [20] to first write the indicator
function as an ¢y norm which is then approximated as a
weighted /1 norm as

2 2 2
L{iwinl3} = [Iwnl]| ~ s w3, @

where [J; 5, is a constant weight associated with BS [ and user
k and is updated iteratively according to

1
Bk = —5—,
Wi klls +7

@)

for some regularization constant 7 > 0 and le7k||; from the
previous iteration. This simplifies the constraint (6¢) to

K

Zﬁl,k ||Wl,k*||§ R, <Cp, €L, )
k=1

which is equivalent to a generalized power constraint, if Ry,
is assumed fixed and heuristically chosen from the previous
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iteration in an iterative manner. The resulting optimization
problem then becomes:

K

maximize E oy Ry,
fwerd

(10a)
K

subject to Z |wi, ’ < P"™ lel, meM (10b)
k=1

K
Zﬁl,kRk HWl,k*HQ <Cp, lel, (10¢)
=1

where R, is the rate from the previous iteration.

Even though the approximated problem (10) is still non-
convex, it can be formulated as an equivalent WMMSE
problem using the equivalence between the weighted sum rate
maximization and the WMMSE problem. The advantage of
working with the WMMSE problem is that the optimization
variables can be split into groups such that with respect to each
group of variables, the optimization problem is convex, if all
other variables are fixed. Thus we can use the block coordinate
descent method to reach a stationary point of (10). The rela-
tionship between the weighted sum rate maximization and the
WMMSE problem is first established for the MIMO broadcast
channel in [25], and is generalized to the MIMO interfer-
ence channel in [26] and to the MIMO interference channel
with partial cooperation in [27]. In the context of C-RAN,
the equivalence is used in [20]. The difference between the
formulation (6) and that in [20] is the gap factor I',,, and per-
antenna power constraints, instead of per-BS power constraint.
It can be verified that the equivalence between weighted sum
rate maximization and WMMSE extends even for (10).

We summarize the overall algorithm for the optimization
of the data-sharing strategy in Algorithm 1. The algorithm is
essentially the one already proposed in [20]. We include it
here for completeness and for subsequent unified comparison
to the compression strategy. Although we do not have theo-
retical guarantee of its convergence in general, it is observed
to converge in simulations. Following a similar analysis as
in [20], we observe that finding the transmit beamformers
by solving the optimization problem (15) in Step 3 of the
Algorithm 1 is computationally the most expensive step and
dominates rest of the steps for any iteration. Problem (15) is
a quadratically constrained quadratic programming (QCQP)
problem which can also be equivalently cast as a second
order cone programming (SOCP) problem, and can be solved
in O((KLM)3%) time complexity using the interior-point
method [28] in standard solvers such as CVX [29]. Thus,
the overall computational complexity of Algorithm 1 scales
as O((KLM)35T), where T is the number of iterations to
converge.

The quantities used in the WMMSE approach in the Algo-
rithm 1 are as follows. For convenience, define a variable

V=T, Zkajwaf+021 +H,w,wiHE . (11)
ik
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Algorithm 1 Weighted Sum Rate Maximization for the Data-
Sharing Strategy

Initialization: {£; 1}, {w.}, {Rx}:
Repeat:
1) For fixed {wy}, compute the MMSE receivers {uy} and
the corresponding MSE {ej } according to (14) and (12);
2) Update the MSE weights {py} according to (13);
3) For fixed {uz}, {pr}, and {R;} in (15c), find the
optimal transmit beamformers {w; j} by solving (15);
4) Update {01} as in (8);
5) Compute the achievable rates { Ry} according to (5).
Update Ry = Ry, k € K.
Until convergence

o The mean square error (MSE) for user k is defined as
er =uf Viu, — 2Re {uf Hywy } +1. (12

 The optimal MSE weight py, under fixed {wy} and {uy}
is given by

o= et (13)

o The optimal receive beamformer u; under fixed {wy}
and {px} is given by
u, = V; "Hywy. (14)

o The optimal transmit beamformers {wy} under fixed
{ur}, {pr} and fixed {Ry} can be obtained by solving
the following QCQP problem:

K
Z WkHAka — Re{kaWk}

minimize (15a)
tweed 33
K
subject to Z ‘wﬁkf <P" lel, meM
k=1
(15b)

K
Zﬂl,kRk ||WlkH§ <Oy, leL, (15¢)
=1

where {A;} € CLMXIM and {by} € CEM*! are
defined to be

A, = Z ajijmeujuij + ozkpkaHukukHHk,
J#k
(16)

b, = QOzkpkaI,{uk. (17)

IV. COMPRESSION STRATEGY

In the compression strategy, as shown in Fig. 2, the central
processor computes the beamformed analog signals to be
transmitted by the BSs. These signals have to be compressed
before they can be forwarded to the corresponding BSs
through the finite-capacity backhaul links. The process of
compression introduces quantization noises; the quantization
noise levels depend on the backhaul capacities.
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Central Processor
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T = o WikSk,l € L

@ r3 = T3+ ez

xTo =T e
T2 2+QBS3

BS 1
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Fig. 2. The compression strategy for the downlink C-RAN.

A. Optimization Framework

In the data-sharing strategy, the beamformed signal is com-
puted at the BSs. In the compression strategy, the beamformed
signal is computed at the central processor, then compressed,
sent over the backhaul links, and reproduced by the BSs.
Let x, € CMx1 = [z} ...,2M]T denote the precoded
signal computed at the central processor intended for BS [
and X € CEM>*1 = [xT ... %717 be the aggregate signal
intended for all the BSs. As in the data-sharing strategy, let
the beamforming vector from BS [ to user k& be denoted
by wip € CYX0 = [w],,...,wi]" with w]} being the
beamforming coefficient from the mth antenna of BS [ to user
kand w), € CHM>T = [wi ..., w] ] be the aggregate
network-wide beamformer to user k£ from all the BSs. We can
then write X as

K

X= Wik (18)
k=1

The analog signal x is then compressed and forwarded to BSs.

We model the quantization process as

X =X+e, (19)

where the quantization noise e is assumed to be complex
Gaussian distributed with zero mean and covariance matrix
Q € CLMXLM gp ig independent of x. Under this model,
the achievable rate for user k, accounting for the SNR gap,
is given by

SINR
Ry = log (1 + ’“> (20)
m
where the SINR at user & is
—1
SINR, =wi HY [ > Hyw,wl'Hf +0°T + H,QH}!
Jj#k

We consider independent quantization at each antenna at all
the BSs, in which case Q is a diagonal matrix with diagonal
entries ¢;". (Multivariate compression is also possible and has
been studied in [12].) Assuming an ideal vector quantizer, the
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quantization noise level ¢" and the backhaul capacity C}"
allocated to each antenna at each BS is related as (from rate-
distortion theory [30])

2
K m
D k=1 wz,}c -
log {1+ ——71——| <O

q

(22)

However, the quantizers used in practice for compression can
be far from ideal. In order to capture these losses, we introduce
a notion of gap to rate-distortion limit. Following [31], we note
that the operational distortion, 6(R), achieved by virtually all
practical quantizers at high resolution follows the relation

§(R) = T var(X)2~ %, (23)

where var(X) is the variance of the signal being quantized, R
is the rate of the quantizer, and I'; is a constant that depends
on the particular choice of the quantizer. For example, for
a fixed-rate (uncoded) uniform scalar quantizer, I';, = @,
which is approximately 2.72. For a uniform scalar quantizer
followed by variable-rate entropy coding, I'; = %, which
is approximately 1.42. Note that I'; = 1 corresponds to the
distortion achievable by the best possible vector quantization
scheme. Accounting for this, we can rewrite the relation (22)
above as
2
( Py I [y )

10g 1 + q—m S Clm .
l

The quantization noise relation described by (24) assumes
that individual BSs have access to the quantization codebooks
used at the central processor for compressing the signals
intended for all of their antennas. The quantization code-
books depend on the variance of the signal being compressed
Z§=1 |wl’7k|2 and rate of the quantizer C;". Since we are
also designing the beamforming coefficients {wy; ;} at each
user scheduling time slot, the variance of the signal being
compressed can change at each user scheduling iteration. Also,
the rate of the quantizer, C}", used for compressing the signal
of antenna m at BS [, depends on the backhaul capacity allo-
cated to antenna m of BS [. This allocation can also potentially
change from time slot to time slot. Thus, to achieve (24),
the information about the quantization codebooks used at the
central processor for all antennas of a BS needs to be sent to
that BS at the start of each user scheduling iteration.

In practice, however, it may not be feasible to convey all
such relevant codebook information from the central processor
to each individual BS at each user scheduling time slot.
We consider below two optimization formulations, one that
allows for adaptive quantization codebooks, while the other
with fixed quantization codebooks, and develop the corre-
sponding algorithms in each case.

(24)

B. Optimization Methodology

1) Adaptive Quantization: We refer to the situation when
the quantization codebooks are allowed to be changed at the
central processor at each user scheduling time slot as adaptive
quantization. It is adaptive in the sense that, depending on
the active users and their priority weights, the quantization
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codebooks are allowed to be adapted. Recall that the quanti-
zation codebooks depend on the variance of the signal being
compressed Z§=1 |w | and the rate of the quantizer CJ".
The variance of the signal to be compressed depends on the
beamformers which can change per each time slot; the rate
of the quantizer depends on the backhaul capacity allocated
for compression. In the case of single-antenna BSs, since the
backhaul capacity per-antenna is fixed (which is same as the
per-BS backhaul capacity), the rate of the quantizer for that
BS is fixed. In the case of multiple antennas, the rate of the
quantizers used for different antennas at a BS can potentially
be different, but for simplicity, this paper assumes that the
compression rate allocation among different antennas at a BS
to be uniform among all the antennas, i.e.,
G
M?
The design of the compression strategy with adaptive com-
pression can now be stated as a weighted sum rate max-
imization problem over the transmit beamformers and the
quantization noise levels as follows:

K
ZakRk

k=1

le L, me M. (25)

maximize (26a)

{wik}.{q™}

K
subject to Z |wl'flk‘2 +q"<P" lel,meM (26b)

k=1
K om
2 2% —1
> fuil’ - = " <0, leL, me M,
k=1 q

(26¢)

where the constraint (26¢) is just a reformulation of (24), while
the constraint (26b) is the per-antenna power constraint at BS [.

Finding the globally optimal solution to (26) is challenging.
An iterative approach based on the majorize-minimization
(MM) algorithm has been suggested in [12]. The algorithm
in [12] transforms wkwkH into a non-negative definite matrix
variable Ry, and ignores the rank constraint on Ry, in the opti-
mization. In this paper, we propose a novel way to solve (26)
by reformulating it as an equivalent WMMSE problem then
using the block coordinate descent method between the groups
of variables of the transmit beamformers {wy,} and the quan-
tization noise levels {g"*}, the receive beamformers {uy}, and
the MSE weights {px}. We summarize the overall algorithm
to solve (26) in Algorithm 2. The algorithm can be shown to
reach a stationary point of (26). Following a similar analysis
as in the data-sharing strategy, the computational complexity
of the algorithm scales as O((K LM )3-5T), where T is the
number of iterations to converge.

The quantities used in the WMMSE approach in the Algo-
rithm 2 are as follows. Define a variable

Vi =T, Z kajwakH + 0T+ HkQHkH
ik
+ Hyw,wiHE . (27)
e The MSE for user k is calculated as

er = uj Viuy, — 2Re {uf/ Hywy, } + 1. (28)
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Algorithm 2 Weighted Sum Rate Maximization for the Com-
pression Strategy With Adapative Quantization

Initialization: {wy}, {¢"};
Repeat:
1) For fixed {wy},{q}, compute the MMSE receivers
{uy} and the corresponding MSE {e; } according to (29)
and (28);
2) Update the MSE weights {p;} according to (13);
3) For fixed {ux} and {p}, find the optimal transmit
beamformers {w;} and quantization noise levels {¢;"}
by solving the convex optimization problem (30);

Until convergence

o The optimal receive beamformer uy under fixed {wy}
and {py} is given by

up = Vi ' Hywy. (29)

o The optimization of the transmit beamformers {wy} and

the quantization noise levels {¢;"} under fixed {u} and
{pr} is solved via the following convex program:

K
minimize

H H
wi Apwr — Re{b;'w
{wh oy =T {biwe

+ Dapppeul H,QH 1y, (30a)

K
subject to Z ‘wl'flk|2 +q"<P" lel, meM

k=1
(30b)
K cm
mi2 20 =1
Z‘wzﬂ - <0,
k=1 q
le L, meM, (30c)

where {A} and {by} are as defined in (16) and (17),
respectively. We further observe that the convex opti-
mization problem (30) has a particular structure that
can be exploited. Observe that the two constraints (30b)
and (30c) provide an upper and a lower bound on
{g]"}. respectively. Since the objective (30a) is monoton-
ically decreasing in {¢/"}, we can replace the inequal-
ity with equality in the constraint (30c) and substitute
{¢g/"} from (30c) into the objective (30a) and the con-
straint (30b). This results in a QCQP problem in only
a single set of variables {w;;}, which can be solved
efficiently by standard solvers such as CVX [29].

2) Fixed Quantization: We now consider the quantization
model when the quantization codebooks are fixed at the central
processor and at the BSs. The achievable rate is as given
by (20). To fix the codebook for the quantizer for antenna
m of BS [, we assume that the range of the quantizer is
constrained within the power constraint for the antenna, /™.
Further, we assume that the allocation of the backhaul capacity
to each antenna of a BS is uniform, i.e., C]" = %, le L,
m € M. With these assumptions, the quantization
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relation (24) becomes
r,pPm
log <1 + q—ml> <cp. (31)
a

We can now formulate the weighted sum rate maximization
problem over the transmit beamformers and the quantization
noise levels as:
K
maximize

m

(32a)
{wik}.{q] P

o Ry,
1

K
subject to Z |w}f}’c‘2+qf"’ <P" lel, meM (32b)
k=1
Fquﬂ’l,
200" — 1’
where the constraint (32¢) is a reformulation of (31).

In order to solve the optimization problem (32), we first
observe that the objective (32a) is a decreasing function of
g;"*. The constraint (32c) provides a lower bound on ¢;*, while
the constraint (32b) provides an upper bound. Hence, the con-
straint (32c) will always be met with equality at a stationary
point. Thus, we can substitute the value of ¢;" from (32c)
into the objective (32a) as well as the constraint (32b) and
eliminate the variables ¢;*. This modifies the constraint (32b)
nto

Q"> leL, meM, (32¢)

K

r
Z\wlﬁ};2<le(1—Wq_l), lel, meM. (33)
k=1

We then end up with a weighted sum rate maximization
problem over only the beamformers {w; ; } with modified per-
antenna power constraints, which can be tackled by solving its
equivalent WMMSE problem.

V. PERFORMANCE COMPARISON OF DATA-SHARING
VERSUS COMPRESSION STRATEGIES

A main contribution of the first part of this paper is a
comparison between data-sharing and compression strategies
under the same network utility maximization framework using
a unified WMMSE approach. Toward this end, we consider
a 7-cell wrapped-around two-tier heterogeneous network with
intercell distance of 0.8 km over a 10 MHz channel bandwidth.
Each cell is a regular hexagon with 1 macro-BS at the center
and 3 pico-BSs equally separated in space. There are 30 users
randomly placed in each cell. The power budget per each
antenna is 43 dBm at macro-BSs and 30 dBm at pic-BSs.
We assume antenna gain of 15 dBi. The path loss in dB
from macro-BS to user is modeled as 128.1 + 37.61log;,(d),
while from pico-BS to user as 140.7+36.7 log;,(d), with log-
normal shadowing of 8 dB and small scale Rayleigh fading
of 0 dB. The combined background noise and interference
caused by two tiers of cells outside the 7-cells is estimated to
be at —150 dBm/Hz. We assume an SNR gap of I';,, =9 dB
(corresponding to uncoded QAM transmission) and a gap
to rate-distortion limit of I'; = 4.3 dB (corresponding to
uncoded fixed-rate uniform scalar quantizer). At each time
slot, we solve the respective network optimization problems
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Fig. 3. Cumulative distribution function of user rates for the data-sharing and
compression strategies with adaptive quantization and single antenna terminals
for varying fronthaul/backhaul capacities.

and update the weights in the weighted sum rate maximization
according to the proportional fair criterion.

In the first set of simulations, we compare the performance
of the data-sharing strategy and the compression strategy with
adaptive quantization and with single transmit antenna at both
the macro-BSs and pico-BSs, and single receive antenna at
the users. Fig. 3 shows the cumulative distribution of user
rates under varying fronthaul/backhaul capacities for both
strategies. Plots for the compression strategy are shown in
red, while those for data-sharing strategy are shown in blue.
For reference, we also include the full cooperation case with
infinite backhaul capacity and the baseline scheme of no
cooperation with each user connected to the strongest BS.

When the fronthaul/backhaul capacity is low at
40 Mbps/macro-BS and 20 Mbps/pico-BS, the data-
sharing strategy outperforms the compression strategy. The
50-percentile rate for the data-sharing strategy is about
3 times that of the compression strategy. If we double
the fronthaul/backhaul capacity to 80 Mbps/macro-BS
and 40 Mbps/pico-BS, the compression strategy becomes
comparable to the data-sharing strategy and both have about
the same 50-percentile user rates. At this operating point,
the sum fronthaul/backhaul capacity is about 6 times that
of the average sum rate per cell. We also observe that
the compression strategy favors low rate users while the
data-sharing strategy favors high rate users. A reason for this
is that the compression strategy under low fronthaul capacity
is limited by the quantization noises which are about the
same for all the BS signals resulting in more uniform user
rates.

We observe that with moderate-to-high fronthaul/backhaul
capacity of 160 Mbps/macro-BS and 80 Mbps/pico-BS,
the compression strategy outperforms the data-sharing strat-
egy with the 50-percentile rate for the compression strategy
more than 2.5 times than that of data-sharing. Increasing
the fronthaul/backhaul in this regime improves the compres-
sion strategy drastically, while the data-sharing strategy sees
only a moderate increase. This is because at low backhaul
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Fig. 4. Cumulative distribution functions of user rates for the data-sharing and
compression strategies with fixed quantization and multi-antenna terminals for
varying fronthaul/backhaul capacities.

capacity, the performance of the compression strategy is
limited by the quantization noises. An increase in fronthaul
capacity reduces the quantization noise levels exponentially,
while a similar increase in the backhaul capacity does not
buy as much for the data-sharing strategy. Finally with a
fronthaul of 240 Mbps/macro-BS and 120 Mbps/pico-BS,
the compression strategy performs close to the full cooperation
limit, while for the data-sharing strategy, backhaul capacities
of 1200 Mbps/macro-BS and 600 Mbps/pico-BS are needed
to get as close. This is because to match the full cooperation
limit, the data-sharing strategy needs large cluster size, leading
to significantly higher backhaul capacity.

In the second set of simulations, we compare the perfor-
mance of the data-sharing strategy and the compression strat-
egy with fixed quantization when all the terminals have multi-
ple antennas. We assume 4 antennas per macro-BS, 2 antennas
per pico-BS, and 2 receive antennas for each user. Fig. 4
shows the cumulative distribution of user rates with varying
fronthaul/backhaul capacities for both strategies. For reference,
the plot for full cooperation with infinite fronthaul/backhaul
capacity is also included. We observe similar trends as in the
case of single-antenna terminals and adaptive quantization.
When the backhaul capacity is low at 160 Mbps/macro-BS
and 40 Mbps/pico-BS (note that on average per-antenna fron-
thaul/backhaul capacities are maintained at 40 Mbps/macro-
BS antenna and 20 Mbps/pico-BS antenna), the data-sharing
strategy outperforms the compression compression strategy.
The 50-percentile rate for the data-sharing strategy is about
2.5 times that of the compression strategy.

If we double the fronthal/backhaul capacity to
320 Mbps/macro-BS and 80 Mbps/pico-BS, we see that
the compression strategy becomes comparable to the data-
sharing strategy and both have about the same 40-percentile
user rates. In this regime the sum fronthaul/backhaul capacity
is about 5 times that of the average sum rate per cell. This
is in the similar range to what we observe in the single-
antenna case. As the fronthaul/backhaul capacity is increased
further to 640 Mbps/macro-BS and 160 Mbps/pico-BS,
the compression strategy starts to significantly outperform the
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Fig. 5. Comparison of cumulative distribution functions of user rates for

the data-sharing and compression strategies with clustered CSI for varying
fronthaul/backhaul capacities.

data-sharing strategy with the 50-percentile user rate being
about 80% higher than that in the data-sharing strategy. With
the fronthaul/backhaul capacity of 1280 Mbps/macro-BS and
320 Mbps/pico-BS, the compression strategy already achieves
the maximum achievable rates of the full cooperation. At this
fronthaul/backhaul capacity the quantization noises are small
enough that they do not affect the user rates. At the same
backhaul capacity, the data-sharing strategy is still far behind
that of full cooperation. This is because the backhaul capacity
is not high enough to allow for the backhaul exchange
required to maintain full cooperation.

It is important to note that the benefits from the compression
strategy come at a cost of high CSI requirements at the
central processor. To understand the impact of CSI on the
data-sharing and compression strategies, we limit the amount
of CSI available at the central processor by only allowing
CSI of the few strongest BSs for each user. We call such a
restriction clustered CSI, because the CSI of only a cluster of
BSs around any user is available. All the proposed algorithms
can be adapted when such clustered CSI is available for each
user.

Fig. 5 shows the cumulative distribution of user rates
for both strategies when the CSI is limited to only
7 strongest BSs for each user. We observe that the gen-
eral trend seen in the above two cases remains the same.
At low fronthaul/backhaul capacity of 160 Mbps/maco-BS
and 40 Mbps/pico-BS, the data-sharing strategy outperforms
the compression strategy, while at the high fronthaul/backhaul
capacity of 640 Mbps/macro-BS and 160 Mbps/pico-BS,
the compression strategy outperforms the data-sharing strategy.
However, notice that, in this case the compression strategy
is not as significantly better than the data-sharing strategy
as in the previous case. The 50-percentile user rate of the
compression strategy is only 20% better than that of the data-
sharing strategy, as compared with the case with full CSI when
it is almost 80% better. Finally, when the fronthaul/backhaul
capacity is high at 1280 Mbps/macro-BS and 320 Mbps/pico-
BS, both the data-sharing and compression strategies satu-
rate to the full cooperation user rates with infinite backhaul
capacity under clustered CSI. For reference, the plot with full
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cooperation with infinite fronthaul/backhaul capacity and full
CSI is also included to highlight the performance loss that is
attributed to the lack of full CSI.

In order to closely look at the how the lack of full CSI
affects the data-sharing and compression strategies, we fix
the fronthaul/backhaul capacity at 320 Mbps/macro-BS and
80 Mbps/pico-BS. This is the regime where the two strategies
are comparable in the case with full CSI. Fig. 6 shows the
cumulative distribution of user rates for both strategies with
full CSI and with clustered CSI at this fixed fronthaul/backhaul
capacity. As is evident from the plot, the compression strategy
suffers more than the data-sharing strategy when only clustered
CSI is available. The reason for this behavior is that the
compression strategy benefits from having the ability to fully
cooperate at the central processor, but when only clustered
CSI is available at the central processor, the cooperation
cluster size at the central processor becomes limited. The data-
sharing strategy on the other hand does not pay as much
penalty because the cooperation cluster size for the data-
sharing strategy is already small due to the backhaul capacity
limitations. As a result, we also see that the fronthaul/backhaul
capacity at which the two strategies are comparable is higher
when only clustered CSI is available (at 400 Mbps/macro-
BS and 100 Mbps/pico-BS) than the case with full CSI (at
320 Mbps/macro-BS and 80 Mbps/pico-BS).

To conclude, the data-sharing and compression strategies
show different characteristics depending on the operating
regime of interest. The data-sharing strategy is advantageous
when the fronthaul/backhaul is severely limited as the com-
pression strategy suffers from high quantization noises intro-
duced under low fronthaul capacity, while the compression
strategy is advantageous when the fronthaul/backhaul capacity
is large due to its ability to have full cooperation before
quantization. Further, the compression strategy is more sen-
sitive to the availability of CSI than the data-sharing strategy,
as in the former the benefits stem from the ability to fully
cooperate at the central processor, which is affected adversely
by the lack of full CSI.
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VI. HYBRID DATA-SHARING AND
COMPRESSION STRATEGY

In the data-sharing based cooperation scheme, the back-
haul links are exclusively used to carry user messages. The
advantage of such an approach is that BSs get clean messages
which they can use for joint encoding. However, the backhaul
capacity constraint limits the cooperation cluster size for
each user. In the compression based scheme, the precoding
operation is exclusively performed at the central processor.
The main advantage of such an approach is that, since the
central processor has access to all the user data, it can form
a joint precoding vector using all the user messages, thus
achieving full BS cooperation. Additionally, the BSs can now
be completely oblivious of the user codebooks as the burden of
preprocessing is shifted from the BSs to the central processor.
However, since the precoded signals are compressed, we pay
a price in the form of quantization noises.

The second part of this paper proposes a hybrid compression
and data-sharing strategy in which the precoding operation is
split between the central processor and the BSs. The rationale
is that as the desired precoded signal typically consists of both
strong and weak users, it may be beneficial to send clean
messages for the strong users, rather than including them as a
part of the signal to be compressed. In so doing, the amplitude
of the signal that needs to be compressed can be lowered, and
the required number of compression bits reduced.

Building on this intuition, we propose an approach where a
part of backhaul capacity is used to send direct messages for
some users (for whom the BSs are better off receiving mes-
sages directly, instead of their contributions in the compressed
precoded signals) and the remaining backhaul capacity is used
to carry the compressed signal that combines the contributions
from the rest of the users. Typically, each BS receives direct
messages for the strong users and compressed precoded signals
combining messages of the rest of the weak users in the
network. Each BS then combines the direct messages with
the decompressed signal, and transmits the resulting precoded
signal on its antenna. Note that the appropriate beamforming
coefficients are assumed to be available at both the cloud
processor and at the BSs.

We point out that a dirty-paper coding based scheme pro-
posed in [11] also makes use of the backhaul links to carry
a combination of user message and the compressed version
of interfering signal from the neighboring BS in a simplified
linear array model. But the scheme of [11] is limited to the
simplified linear array model; it also does not provide a method
to decide if and what user messages should be shared among
the BSs and what signals should be compressed.

A. Optimization Framework

A key question is how to optimize the hybrid data-sharing
and compression strategy. In the hybrid strategy, as shown
in Fig. 7, the central processor computes a part of the
beamformed analog signals to be transmitted by BSs. These
signals are compressed and sent over to BSs using a part of
the backhaul capacity. For the rest of the beamformed signal,
the central processor sends digital data of selected users to the
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The hybrid data-sharing and compression strategy for the downlink

BSs using the remaining backhaul capacity. To simplify the
description of the hybrid strategy, we assume single-antenna
at the BSs and the user terminals.

The idea is to introduce separate beamforming coefficients
for the data-sharing and compression parts. Let w§ € CE*! =
Wi 4, wik,]T be the beamformers for user k£ used to com-
pute the beamformed signal that is going to be compressed at
the central processor. Let x¢ € CI*1 = [2¢,...,#¢]T denote
the beamformed signals intended for all the BSs computed at
the central processor. These are given by

K
X = Wik (34)
k=1
The quantization process for x¢ is again modeled as
x¢=x"+e, (35)

where e is the quantization noise with covariance Q € CL* £
assumed to be Gaussian and independent of X¢. Assuming
independent quantization at each BS, in which case Q is
a diagonal matrix with diagonal entries ¢;, the amount of
backhaul capacity consumed by BS I, C7, for the compression
part of its total beamformed signal is given by

2
Iy Z§=1 ‘wlck‘

a

log |1+ < Cy. (36)
Similarly, let wi € CM' = [w{, ... w] ] be the
beamformers that are used for data-sharing at the BSs and
x4 € CEXt = [2¢,...,2%]T denote the beamformed signals

computed at the BSs using the direct data given by

K
x4 = E wgsk.
k=1

If BS [ does not receive direct data for user £, then wf = 0.
The amount of backhaul capacity, C¢, consumed by BS [ for
the data-sharing part is then given by

(37)

1{[wi |} R < €1 (38)
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where the indicator function is used to indicate whether BS
[ participates in computing the beamformed signal using the
direct data for user k. If so, the backhaul needs to support
the user rate Rj. Note that we neglect the portion of the
backhaul capacity that would be needed to communicate the
beamforming coefficients at the start of each user scheduling
iteration as the required rate is negligible compared to the
direct data rate. The final beamformed signal transmitted by
BS:s to the users, X, is then the sum of compressed beamformed
signals, x°, communicated through the backhaul link and the
direct beamformed signal, x4, computed at the BSs, i.e.,

x = x° 4+ x%. (39)
The achievable rate for user k is then
SINR
R = log <1+ ’“> (40)
|
where the SINR at user k£ is
b’ (wi +wi)[*

S [ (w5 + W) [+ 02 + b Qhy

If we let w§ +w{ = wy, k € K, the rate Ry, can be simplified
to

gt

2
T (Eﬁék ‘thWj| + 02+ thQhk)

Ry =log |1+

(42)

where wj, € CE*! can be thought of as the final combined
beamformer for user k.

Now the weighted sum rate maximization problem for the
hybrid strategy can be formulated as follows:

K
maximize ZakRk (43a)
{wl(,i,k}:{wlc,k}v k=1
{wi e} {a}
K
subject to Z |1t}l7;§|2 +q <P, leL (43b)
k=1
K 2
>l {|wfik‘ } Ry,
k=1
K e |2
D it ‘wl,k
+ log 1+q— <C,leLl
1
(43c¢)
wil +wiy =wi, €L, keEK. (43d)

Note that in the problem formulation (43) above, it may
seem at first that, we allow a more general hybrid strategy
where a user k£ can both participate in direct data-sharing
to a BS [ as well as be part of the signal compressed by
that BS, if both the beamforming coefficients wy, and wﬁk
are non-zero. However, it can be shown that, if R; in the
constraint (43c) is fixed, indeed at most one of the two
can be non-zero, i.e., a user may only participate in data-
sharing or compression, but not both. Intuitively this is due
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to the fact that if a user’s data is shared at a particular
BS, it is always better to put all the beamforming power
in the data-sharing beamformer, rather than splitting it with
the compression beamformer, to avoid the quantization noise
penalty associated with the compression process. A more
precise statement is given below.

Proposition 1: The global optimal point
{wir}, {wiy, {wiy}) of the optimization problem (43)
with fixed Ry in the constraint (43c) has either
wlfk, =0, or wjfk, =0, or both for all | € L,k € K.

The proposition can be proved using contraction by showing
that if both wlc  and wf & are non-zero, then we can construct
another feasible solution that strictly improves the weighted
sum rate, thus such a solution cannot be optimal.

B. Optimization Methodology

The problem (43) involves a joint optimization of beam-
forming vector for compression and data-sharing signals
({wf, wi',}) (and as a consequence the combined beam-
formers {w; 1 }), the quantization noise levels {g;} for the
compression signal, and the BS clustering for data-sharing
(and thus compression), i.e., the decision of which users should
data-shared and which users should be compressed for which
BSs. The problem is challenging as it combines the difficulties
in optimizing the individual data-sharing and compression
strategies. This paper proposes a solution strategy as follows.

The main source of difficulty is the constraint (43c). The
first term is the indicator function accounting for backhaul
consumption due to direct data-sharing, along with the user
rate IR, that is also part of the objective function. The second
term with the log function in the compression part is a
non-convex function of the variables ({wf, }, {:}). For the
indicator function, as before we approximate it as a weighted
{1 norm as

1 {‘wldkf} = H\’wzdk|2H0 ~ Bl [wi]”

where ﬁldk is a constant weight associated with BS [ and user
k and is updated iteratively in an outer loop according to
1
d
By = d72)
‘wl} k‘ + 7

(44)

(45)

for some regularization constant 7 > 0 and |w{,|?> from
the previous iteration. Similarly, R in the constraint (43c)
is kept fixed from the previous iteration, denoted by Ry,
and is updated in the same outer loop. This simplifies the
constraint (43c) to
2
K
Lg i ‘wlck‘
q

K
> i Befufly]” +log [ 1+ <y, leL.
k=1

(46)

Next, we rewrite the log function in the above constraint (46)
into sum of two terms for all [ € £ as follows:

K K
Zﬁﬁkﬁk wﬁk|2+log <I‘qz ‘wﬁk|2+ql> —log(q) < C.

k=1 k=1

(47)
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Thus, we need to solve the optimization problem (43c) with
the constraint (43c) modified as (47). In this formulation,
in the constraint (47), —log(g;) is a convex function of {¢;},
but log (Fq PO [wf . 1* + ql) is a non-convex function of
({wix}, {@:}). Additionally the objective function (43a) is a
non-convex function of ({w; i}, {q}). In order to solve the
optimization problem (43c) with the modified constraint (47),
we use the iterative successive convex approximation method
by linearizing the non-convex part in both the objective and the
constraint in an inner loop. First, we transform the objective
into a suitable form, by utilizing the relationship between the
achievable rate and the MSE. The MSE for user & is defined
as

er = |ur)® vp — 2Re{uf b wy} + 1, (48)

under a receive beamformer wu;, where

2 2

vp =T (Z\h,?wj\ +02+thQhk,> +hfwi|". 49
ik

The rate Rj can then be written as

-1
Ry = nqlﬁjxlog (ek ) . (50)
Second, to deal with the non-convexity of the log function
in the transformed objective function (50) and the modified
constraint (47), we find the appropriate tight convex upper
bounds and successively update them. We make use of the
following result, which is a consequence of the inequality
logy <y — 1 for any positive y, with y = xia

Lemma 1: For any positive x,zg € R, logz < logxy +
%Ox — 1, with equality if and only if x = x.

We make successive convex approximations to log (ey) and
log (I‘q Zszl |wik|2 + ql) as follows.

log (ex) < —log (pk) + prex — 1, (51
where the equality holds if
o =er, (52)

with e, as defined in (48), and ({wy x }, {ux}) taken from the
previous iteration in an iterative manner in the inner loop.
Similarly,

K
log <Fq Z |wik‘2 + ql>
k=1
< —log (v +w< qZ|wlk\ +qz> -1, (53)

where the equality holds if

X 1
Y= (Fq2|wzc,k‘2+(h> :
k=1

with ({wf i« }>{a}) taken from previous iteration in the inner
loop.

Note the similarity of the update (52) to the MSE weight
update in Section III (i.e., equation (13)) used in the iterative
algorithm to solve the equivalent WMMSE problem. The two

(54)
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are in fact related. Another way of looking at the iterative algo-
rithm for the equivalent WMMSE problem is exactly what we
have done above for the objective function. We successively
upper bound the log function in the rate Rj after writing
it as a function of the transmit and receive beamformers as
in (50), then update the convex upper bound in successive
block updates in the transmit and receive beamformers. The
MSE weights are the multiplying factors in the convex approx-
imations at each step. Such an approach is referred to as block
successive upper bound minimization (BSUM) [32].

Thus, in the end, we iteratively solve the following programs
with alternating block updates in the inner loop for fixed Bk
and Rk, and then update f3; , according to (45) and Rk as the
modified Ry, in the outer loop, as discussed when simplifying
the original constraint (43c) to (46). Since the outer loop
involves estimates of the user rates from the previous iteration,
it is difficult to prove the convergence of the entire algorithm.
However, for fixed ;) and Rk, the inner iterations can
be shown to converge due to the convergence properties of
BSUM. Moreover, outer iterations are observed to converge
in numerical experiments.

o The optimal receive beamformer wuy

{wi, w¢, wil and {g} is given by

under fixed
u, = vy, "hfl w. (55)

e Under fixed {uj}, the optimal transmit beamformers
{w, w{, wi} and the optimal quantization noise levels
{q:} are obtained by solving the following convex pro-

gram:
K
minimize Z —QEPLEE (56a)
{wl k} {wy k}! k=1
{wi k) {ar}
K
subject to Z |wl,;¢|2 +q <P, leLl (56b)
k=1
K ) K ,
Y BB i + Ly Y il
k=1 k=1
+ @ —log(q) < Cj, le L (56c)
wﬁk twiy=wk, €L keEK,
(56d)

where C] = C; + log (v1) + 1.

The overall algorithm for the joint optimization of the
problem (43) for the hybrid strategy is summarized in Algo-
rithm 3. Following a similar analysis to the data-sharing
strategy, the computational complexity of the algorithm can
be shown to scale as O((K LM )3T Ty), where Ty and T
are the total number of inner and outer iterations needed to
converge, respectively.

VII. NUMERICAL EVALUATION OF

THE HYBRID STRATEGY
We evaluate the hybrid strategy for the 7-cell wrapped
around two-tier heterogeneous network considered in
Section V. All the BSs and the user terminals are equipped
with a single antenna each. We compare the hybrid strategy
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Algorithm 3 Weighted Sum Rate Maximization for the Hybrid
Strategy
Initialization: {wy, w$, w?}, {q}, {84}, {R};
Repeat: l
1) Repeat:
a) For fixed {wg, w{, w}, {¢;}, compute the optimal
receivers {uy} according to (55) and the corre-
sponding MSE {ey} according to (48);
b) Update the weights {py} according to (52);
c) Update the weights {~;} according (54), for fixed
{wih {aks .
d) For fixed {ur}, {pr}, and {Ry} in (56c¢), find
the optimal transmit beamformers {wy, w¢, w¢}
by solving (56);
Until convergence
2) Update {3 1} as in (45);
3) Compute the achievable rates { Ry} according to (42).
Update Ry =Rk, keK.
Until convergence

300

250
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o

o
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Sum rate across 7 cells (Mbps)
= @
o o

501 —©— Hybrid Strategy
~—&— Compression Strategy
=—8— Data-sharing Strategy
) i i i r r |
0 500 1000 1500 2000 2500 3000
Sum backhaul capacity across 7 cells (Mbps)
Fig. 8. Comparison of the hybrid strategy with the data-sharing and

compression strategies.

designed with the joint optimization done by Algorithm 3,
with the data-sharing and compression strategies, optimized
with explicit per-BS backhaul constraints using Algorithm 1
and Algorithm 2, respectively.

Fig. 8 shows the average sum rate as a function of total
backhaul capacities across the 7-cell network for the three
strategies. For low backhaul capacity, we observe that the data-
sharing performs better than the compression strategy. In this
case, the hybrid strategy performs just as well, because almost
all the users in the final beamformer for the hybrid strategy
are data-shared. The reason that the hybrid strategy is seen to
be slightly worse than the data-sharing strategy at very low
backhaul capacity is due to numerical precision. For moderate
backhaul capacity, the data-sharing and compression strategies
are comparable. This is the regime where hybrid strategy
has some potential to provide benefits by having some users
participate in data-sharing and rest in the compression. When
the backhaul capacity is high, the compression strategy starts
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to outperform the data-sharing strategy. The hybrid strategy
shows some improvement in this regime and the gains tend to
diminish as we increase the backhaul even further as the rates
saturate to the maximum sum rate of the system. Thus, overall
we see that the hybrid strategy achieves the best of the two
strategies under low and high backhaul capacities, and when
the backhaul capacities are moderate, there is some benefit
from the hybrid design.

VIII. CONCLUSIONS

This paper compares two fundamentally different strate-
gies, the compression strategy and the data-sharing strat-
egy, for the downlink C-RAN. Our main conclusion is that
fronthaul/backhaul capacity constraint is crucial in deciding
which strategy should be adopted for the downlink C-RAN.
If the available fronthaul/backhaul capacity is medium-to-high,
the compression strategy outperforms the data-sharing strategy
due to the possibility of having large cooperation cluster at the
central processor, whereas using data-sharing, the cluster size
is limited by the backhaul capacity. However, if the available
fronthaul/backhaul capacity is low, the data-sharing strategy
outperforms the compression strategy. Under low fronthaul
capacity, the quantization noises introduced in the compression
strategy dominate the interference, in which case it is better
to share the data directly with a limited set of BSs rather
than to compress. When we also take into account the cost of
CSI acquisition, the performance of the compression strategy
suffers more from the lack of CSI than data-sharing. This
is because the gain in the compression strategy stems from
the possibility of forming larger cooperation clusters at the
central processor, which requires more CSI than the data-
sharing strategy, which already has a smaller cluster size due
to the limited backhaul capacity.

Motivated by such comparison, this paper proposes to com-
bine the data-sharing and compression strategies into a hybrid
scheme that can benefit from the advantages of both strategies.
Such hybrid combination results in flexibility in terms of
backhaul utilization. The optimization framework proposed
for the hybrid strategy generalizes both individual strategies.
When the backhaul capacity is low, the hybrid strategy reduces
to primarily data-sharing and when the backhaul capacity is
high, it reduces to almost all compression. But when the
fronthaul/backhaul capacity is moderate, we observe that the
system performance can be improved by sharing the data
for some of the users directly with the BSs and sending
compressed version of the signals of the rest of the users
using the remaining fronthaul/backhaul capacity. Having the
flexibility to switch between data-sharing and compression
depending on the available fronthaul/backhaul capacity at
different BSs is especially useful in the future dense cellular
networks with different tiers of BSs, with different levels of
fronthaul/backhaul capacities.
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